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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript provides a valuable theoretical contribution by establishing a formal connection between classical cyclotomic cosets and group actions, particularly orbits under cyclic subgroups. This unified perspective not only clarifies the structural foundation of cyclotomic cosets but also opens avenues for generalization to higher-dimensional linear group, which is of significant interest to researchers in finite fields, coding theory, and algebraic combinatorics.
	





PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback 

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 (Good)
The title is clear and reflects the content.
	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 (Satisfactory)
The abstract outlines the main idea but lacks statement of the methodology, the specific results, and the broader implications. It could be improved by briefly mentioning the orbit-stabilizer connection and the proposed generalization to linear groups.
	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 (Good)
The keywords are relevant.
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 (Good)
The background section provides clear definitions of key concepts such as group actions, orbits, and cyclotomic cosets.
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 (Good)
The objectives are implicitly clear: to reinterpret cyclotomic cosets as orbits and to generalize to GL (d, q).
	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 (Satisfactory)
The references include foundational and recent works, but the review is minimal.
	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 (Excellent)
The methodology is purely theoretical and mathematical, consisting of definitions, lemmas, theorems, and proofs.
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 (Excellent)
Not applicable. The manuscript is theoretical and contains a competing interests statement.
	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	 4 (Good)
The results are presented in logical sequence with clear proofs and examples. 
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	 3 (Satisfactory)
No tables or figures are used. While not strictly necessary, a table summarizing the partition of Z_n or a diagram illustrating orbits in GL (2, 3) could enhance clarity.
	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 3 (Satisfactory)
The discussion is minimal and does not explicitly connect the findings to prior work beyond the initial framing. Expanding on how this reinterpretation impacts coding theory or finite field theory would improve this section.
	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 4 (Good)
The conclusions follow logically from the theoretical results presented. No empirical data is involved.
	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 2 (Needs Improvement)
The manuscript does not discuss limitations. For instance, it does not address that the generalization to GL (d, q) is introduced but not explored in depth, nor does it discuss constraints such as the requirement that gcd (p, n) = 1 or the restriction to finite fields.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	Rating: 3 (Satisfactory)
The references are relevant, but the list is somewhat short and includes several self-citations. More references on group actions, coding theory, and recent advances in cyclotomic structures would strengthen the paper.
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	Rating: 4 (Good)
The language is generally clear. The mathematical exposition is well structured.
	





PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes, but could be improved.
Suggestion: Cyclotomic Cosets as Orbits under Group Actions: A Unified Perspective and Generalization to GL (d, q)
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	No, it is somewhat brief.
Suggestion: Add a sentence summarizing the key results: “We prove that each cyclotomic coset is an orbit under the cyclic subgroup generated by p, and we extend this notion to orbits of subgroups of GL (d, q) on Fqd, thereby establishing a unified framework with applications to coding theory and finite field arithmetic.
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Yes, the mathematical content appears correct.
	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	No, the references are somewhat limited and include several preprints and local publications.
Suggestion: Include more foundational texts on group actions and coding theory, and consider adding recent works (2022-2025) from journals in finite fields or algebraic coding theory to strengthen the literature review.
	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	No.
	




	Editorial Comments (This section is reserved for the comments from journal editorial office and editors):


	
	Author’s Feedback

	This is a solid theoretical manuscript with a clear contribution. The main areas for improvement are expanding the literature review, improving the discussion, and correcting minor formatting issues.
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	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Are there ethical issues in this manuscript? 

	(If yes, Kindly please write down the ethical issues here in details)
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