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	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript addresses a coupled time-fractional nonlocal parabolic system using a fractional Crank–Nicolson scheme combined with Galerkin finite elements and Newton’s method. The topic is relevant due to the increasing interest in fractional diffusion models and nonlocal operators in applied mathematics and computational analysis. The derivation of a priori bounds and error estimates contributes to the theoretical validation of the proposed numerical method. The numerical experiments support the theoretical convergence claims and illustrate the performance of the scheme.

However, while technically solid, the contribution appears to be largely incremental with respect to existing literature cited by the authors (e.g., [11], [12], [13]).


	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The title is technically accurate but somewhat long and heavy.
Suggested alternative:

Fractional Crank–Nicolson Galerkin FEM for a Coupled Time-Fractional Nonlocal Parabolic System

This version is slightly more concise without losing specificity.


	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract is generally clear but too concise.
Weak points:

· It does not clearly state what is new compared to references [11] and [12].

· It does not mention assumptions on regularity.

· It does not highlight limitations (e.g., weak singularity not treated).

I suggest:

· Explicitly stating the order of convergence achieved.

· Clarifying what distinguishes this work from previous fractional Crank–Nicolson FEM schemes.


	

	Is the manuscript scientifically, correct? Please write here.
	The manuscript appears mathematically consistent and well structured.
Strengths:

· Proper weak formulation.

· Clear discretization.

· Rigorous derivation of a priori bounds.

· Logical use of discrete fractional Grönwall inequality.

· Error estimates align with numerical tables.

However, I have several critical observations:

1. Regularity assumptions are strong.
The method requires [image: image2.emf]


𝑢, 𝑣 ∈ 𝐶![0, 𝑇]  










 and vanishing initial derivatives. This is unrealistic for most fractional problems, which typically exhibit weak initial singularities.

2. Remark 4.3 acknowledges weak singularity is not treated, but this is a major limitation in fractional diffusion analysis.

3. Novelty is limited.
The structure follows closely:

· [11] fractional CN-Galerkin,

· [12] coupled fractional diffusion,

· [13] nonlocal fractional FEM.

The main difference is combining them in one framework.

4. No stability analysis beyond boundedness is deeply explored.

Scientifically sound — yes.
Groundbreaking — no.


	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	References are adequate but somewhat narrow and centered around the same research group.
Suggestions:

· Include more recent work (2021–2024) on:

· Graded meshes for fractional problems

· L2-1σ schemes

· Weakly singular solutions

· Nonlocal diffusion with memory kernels

The bibliography would benefit from broader international coverage.


	

	Is the language/English quality of the article suitable for scholarly communications?


	The language is understandable but needs polishing.
Examples of issues:

· Grammar inconsistencies.

· Minor awkward phrasing.

· Some repetition.

· “none of the matrices A, B, C, D are not sparse” → double negative.

A professional English editing pass is recommended.


	

	Optional/General comments


	1. The paper would be significantly stronger if:
· The weak singularity case were analyzed.

· Numerical tests included non-smooth initial data.

· Computational cost and sparsity benefits were quantified.

· Comparison with L1 or L2-1σ schemes were included.

2. The Newton iteration convergence behavior is not deeply discussed.

3. The work is technically solid but methodologically conservative.
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	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in details)
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