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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	This manuscript makes a valuable contribution to the field of elementary number theory by presenting multiple elegant and accessible proofs of the infinitude of primes in specific arithmetic forms. By focusing on special cases of Dirichlet’s theorem and employing diverse techniques inspired by Saidak, Fermat, and Polya, the paper enhances conceptual understanding and provides alternative perspectives to classical results . Such elementary approaches are particularly important for broadening accessibility, making advanced ideas more approachable for students and researchers alike. Furthermore, given the fundamental role of prime numbers in modern applications such as cryptography, the results reinforce both the theoretical depth and practical relevance of ongoing research in prime distribution.

	





PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback 

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 4 = Good
The title is clear and accurately reflects the content of the manuscript, as it highlights the focus on the infinitude of primes of certain types. It appropriately conveys the mathematical theme and scope of the study. However, it could be slightly more specific by mentioning the emphasis on elementary proofs or special cases of Dirichlet’s theorem to further enhance precision.

	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 4 = Good
The abstract effectively summarizes the main objective of the paper, highlighting the focus on proving the infinitude of primes of specific forms and referencing the techniques used. It clearly communicates the scope and mathematical context of the work. However, it could be improved by briefly indicating the significance or potential applications of the results to provide a more comprehensive overview

	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Rating: 4 = Good
The keywords are relevant to the core themes of the manuscript, such as infinitude of primes and Dirichlet’s theorem, and they appropriately reflect the subject area of number theory. They are useful for indexing and retrieval. However, the list could be slightly improved by including additional specific terms (e.g., arithmetic progressions or elementary proofs) to enhance discoverability.

	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The background information is sufficient and provides a clear overview of the historical development and importance of prime numbers, including classical results and various known proofs of their infinitude. The discussion of Dirichlet’s theorem and related concepts is appropriately introduced to support the study. The material is generally well organized, though it could be improved with a slightly more structured flow and clearer linkage between prior results and the specific contributions of the paper.

	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The research objectives are reasonably clear from the introduction, particularly the aim to provide alternative elementary proofs for the infinitude of primes of specific forms. The manuscript effectively conveys its focus on special cases of Dirichlet’s theorem. However, the objectives could be stated more explicitly and formally (e.g., as clearly defined aims or statements) to improve clarity and precision.

	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The literature review is relevant and appropriately covers classical and well-known contributions to the theory of prime numbers, including historical proofs and foundational results. The cited works support the context of the study and highlight the development of ideas related to the infinitude of primes. However, it relies more on standard and older references; incorporating a few more recent studies or perspectives could further strengthen its relevance and currency.

	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 = Excellent
The research methodology is highly appropriate for the study, as it employs rigorous mathematical reasoning and well-established techniques from elementary number theory to construct the proofs. The use of methods inspired by Saidak, Fermat, and Polya is suitable for deriving results on the infinitude of primes in specific forms. The logical structure and step-by-step derivations demonstrate sound mathematical rigor, making the approach fully aligned with the objectives of the paper.

	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A = Not Applicable
The manuscript is purely theoretical in nature, focusing on mathematical proofs in number theory. As such, it does not involve human participants, animal studies, or sensitive data, and therefore ethical considerations are not applicable in this context.

	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4 = Good
The results are presented clearly through well-structured theorems, lemmas, and proofs, making the logical progression easy to follow. The step-by-step arguments effectively demonstrate the infinitude of primes of the specified forms. However, the presentation could be further improved by adding brief explanatory remarks or summaries after key results to enhance readability, especially for a broader audience.

	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	N/A = Not Applicable
The manuscript is purely theoretical and does not include tables or figures. The results are conveyed through mathematical statements and proofs, where such visual elements are not necessary

	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3 = Satisfactory
The manuscript makes some connections to existing literature, particularly by referencing classical results and known proofs related to the infinitude of primes. However, the discussion section is relatively brief and does not deeply analyze how the presented results compare with or extend prior work. A more explicit comparison and critical discussion of contributions in relation to existing literature would strengthen this aspect.

	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5 = Excellent
The conclusions are fully supported by the results presented in the manuscript. The proofs are logically sound and directly lead to the stated conclusions regarding the infinitude of primes of specific forms. There is a clear and consistent connection between the arguments developed and the final claims, ensuring strong mathematical validity.

	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	2 = Needs Improvement
The manuscript does not explicitly discuss the limitations of the study. While it focuses on specific cases of Dirichlet’s theorem using elementary methods, it does not clearly acknowledge the scope restrictions or potential limitations of these approaches. Including a brief discussion on the limitations and possible extensions would strengthen the overall quality of the paper.

	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4 = Good
The references are relevant and cover key classical works and standard texts in number theory, appropriately supporting the topic of infinitude of primes and related results. The number of references is adequate for the scope of the study. However, the inclusion of a few more recent publications or contemporary perspectives could further strengthen the bibliography.

	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4 = Good
The manuscript is written in generally clear and understandable language, with logical progression of ideas and standard mathematical terminology. The proofs and arguments are mostly easy to follow. However, minor grammatical issues and occasional lack of explanatory transitions slightly affect readability, and addressing these would further improve clarity.

	





PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The title is suitable as it clearly reflects the focus of the manuscript on the infinitude of primes of specific types and aligns well with the content of the study.

	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Answer: YES
The abstract is reasonably comprehensive, as it outlines the main objective, key results, and the methods used in the manuscript. It effectively conveys the scope and focus of the study.

	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	Answer: YES
The manuscript appears to be scientifically correct, with logically consistent arguments and mathematically sound proofs supporting the stated results.

	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	Answer: NO
While the references are relevant and sufficient in number, they are predominantly classical and not very recent. The manuscript would benefit from including a few up-to-date research articles or recent survey papers on prime distribution and elementary proofs related to Dirichlet’s theorem to enhance its contemporary relevance

	

	Are there ethical issues in this manuscript?
(YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	Answer: NO
There are no ethical issues in this manuscript, as it is a purely theoretical study in mathematics and does not involve human or animal subjects, data collection, or any ethical concerns.

	





PART 3. Confidential Comments (If any) to the Editor:

	Reviewer’s comment (If any)


	
The manuscript presents a clear and mathematically sound treatment of the infinitude of primes of specific forms, offering elegant and accessible alternative proofs using elementary techniques. The work is well-motivated and contributes to the pedagogical understanding of classical results, particularly special cases of Dirichlet’s theorem. However, the paper would benefit from minor improvements, including a more explicit statement of objectives, a slightly expanded discussion connecting the results with existing literature, and the inclusion of a brief section on limitations and possible extensions. Additionally, minor language refinements and the incorporation of a few recent references would further enhance the overall quality and readability of the manuscript.








PART  4: Declaration of Competing Interest of the Reviewer:

	Here reviewer should declare his/her competing interest. 
If nothing to declare he/she can write “I declare that I have no competing interest as a reviewer”
	I declare that I have no competing interest as a reviewer.






PART  5: Objective Evaluation:

	Guideline
	MARKS of this manuscript

	Give OVERALL MARKS you want to give to this manuscript 
( Highest: 10  Lowest: 0 )

Guideline: 
Accept As It Is: (>9-10)
Minor Revision: (>8-9)
Major Revision: (>7-8)
Serious Major revision: (>5-7)
Rejected (with repairable deficiencies and may be reconsidered): (>3-5)
Strongly rejected (with irreparable deficiencies.): (>0-3)
	Overall Marks: 8 / 10
Recommendation: Minor Revision
The manuscript is mathematically sound and presents clear, elegant proofs with good pedagogical value. Only minor improvements in presentation, literature update, and discussion are needed before acceptance.
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