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PART 1 (Importance of the manuscript)

	
	Comments of the Reviewers
	Author’s Feedback

	Please write a few sentences
	This manuscript makes a significant
	

	regarding the importance of this
	contribution	to	the	scientific
	

	manuscript for the scientific
	community	by	exploring	the
	

	community. A minimum of 3-4
	dimensions of students' mathematical
	

	sentences may be required for this
	epistemology, an area that is often
	

	part.
	overlooked	in	the	mathematics
	

	
	education literature, which tends to
	

	
	focus  more  on  cognitive  learning
	

	
	outcomes  alone.  This  research  is
	

	
	important  because  it  attempts  to
	

	
	dissect how students construct and
	

	
	validate	truth	through	epistemic
	

	
	attitudes,	which	are	the	main
	

	
	foundation in developing the process
	

	
	students' deductive thinking and deep
	

	
	mathematical	literacy.	Findings
	

	
	regarding the shift between practical
	

	
	and formal reasoning provide valuable
	

	
	empirical  data  for  researchers  to
	

	
	understand	students'	cognitive
	

	
	obstacles	when	making
	

	
	generalizations on arithmetic sequence
	

	
	material. In addition, this manuscript
	

	
	has the potential to be an important
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	reference for curriculum developers and teachers in designing learning that involves students in instructional materials (in the form of a didactic triangle) that not only emphasize technical procedures but also the strengthening of understanding regarding the nature of mathematical
knowledge itself.
	



PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback

	1. Is the title clear and appropriate for the study?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment 4 (Good)
The title “Exploring Mathematical Epistemology of Grade 10 Students in Validating Arithmetic Sequence” is clear, specific, and reflects the main focus of the research, namely mathematical epistemology, the research subjects (Grade 10 students), and the context of the study (validation of arithmetic sequences). If in the manuscript the author emphasizes more on the "epistemic stance," including that term in the title
would make the manuscript feel more specific.
	




	
	Rating of the Reviewers
	Author’s Feedback

	2. Is the abstract of the article comprehensive?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment 4 (Good)
The abstract has sufficiently covered the main components, namely the research objectives, theoretical framework, methods, analysis techniques (thematic analysis), as well as the main findings and implications. The presentation flow is also clear and systematic, allowing readers to understand the general overview of the research without having to read the entire manuscript. However, there is still room for improvement, especially in clarifying the scientific contribution (novelty) of
the research explicitly.
	

	3. Are the keywords appropriate and useful?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment 4 (Good)
The keywords that have been compiled are already very representative and functional. The choice of terms covers the entire spectrum of research, ranging from theoretical umbrellas (mathematical epistemology), analytical lenses (epistemic attitudes), specific material (arithmetic sequences), to the main research findings (formal and practical reasoning). The use of these keywords will greatly help the searchability of the article in reputable journal databases. However, some terms can still be refined or adjusted, such as the keyword "formal and practical reasoning," which is a combination of two concepts that should be separated into  two  distinct  entries,  namely
"formal epistemic reasoning" and "practical epistemic reasoning".
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment 4 (Good)
The research background has been systematically arranged. The flow of explanation is quite logical, starting from the conceptual definition to its application in a classroom context, thus helping readers understand the urgency of the research. In addition, the use of relevant theoretical references strengthens the basis of the arguments built in the introduction. However, the background can still be strengthened by adding a more explicit research gap, phenomenon
gap, or theoretical gap, particularly regarding the limitations of previous
	




	
	Rating of the Reviewers
	Author’s Feedback

	
	studies in examining students' epistemic stances on the topic of arithmetic sequences. Focusing on the empirical context or previous findings will help clarify the position and contribution of this research within the existing literature. Make sure there is a stronger connection between the "epistemic stance" and the choice of "arithmetic sequence"
material. Where is the integration?
	




	
	Rating of the Reviewers
	Author’s Feedback

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The research objectives are stated quite clearly. The formulation of the objectives is specific and aligned with a descriptive exploratory research design.
However, the research objectives could be strengthened by explicitly formulating research questions so that the direction of the study becomes more structured. In addition, refining the aspects to be compared from the 5 arithmetic sequence questions or categorizing them within epistemic stances would increase the clarity of
the research focus.
	

	6. Is the literature review relevant and up to date?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 3 (Satisfactory)
The literature review in this manuscript is highly relevant to the research variables. The author successfully integrates fundamental theories from various prominent experts.
However, most references are still dominated by older (classic) literature, which does not fully represent the latest developments in the field of mathematics education and epistemology. Update the reference list by including at least 5-7 recent journal articles (2020-2025) that discuss epistemic cognition, metacognition, or student learning independence at the secondary school level. This will significantly enhance the  scholarly  weight  of  this
manuscript.
	

	7. Is the research methodology appropriate for the study? Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The methodology used, namely an exploratory descriptive design with a qualitative approach, is already in accordance with the research objectives, which focus on exploring and categorizing students' epistemic attitudes. The use of open-ended questions and thematic analysis is also appropriate for thoroughly exploring students' reasoning and thinking	processes.
Furthermore, the context of data collection conducted in a natural classroom setting provides strength in capturing authentic student responses.
The selection of instruments such as the SPEMQ is also relevant to the
	




	
	Rating of the Reviewers
	Author’s Feedback

	
	epistemological focus of the study. However, the methodology can still be strengthened, particularly in aspects such as: explanation of the validity and reliability of the instruments, transparency of data analysis procedures (for example, coding and verification stages), and
the statement of independence.
	

	8. Were ethical issues properly addressed (if applicable)? Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The ethical issues in this study have been addressed quite well. The authors stated that participation was voluntary and included informed consent, confidentiality, and anonymity of participants during the research process. Additionally, it was mentioned that ethical approval had been obtained from the authorized institution before data collection was conducted.
However, the explanation regarding ethical procedures is still general. More detailed information needs to be	added,	such	as:
1. The name or institution granting ethical approval; mentioning the official approval from the written ethics committee of the school would strengthen the legality and formality of  this  research's  ethical  aspect.
2. The mechanism for protecting participant data. The authors could add a brief sentence on how the data is securely stored and when it will be destroyed to ensure the long-term
privacy of participants.
	

	9. Are the results presented clearly?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The presentation of results in this manuscript is very well-structured and easy to follow. The use of Table 1 is very effective in summarizing complex data, where the author aligns research questions, answer themes, frequency (in percentage), as well as direct quotes (verbatim) from students. The presence of these direct quotes adds strength to the qualitative data because readers can see authentic evidence of the thought patterns or epistemic attitudes categorized by the researcher. To improve the result presentation aspect, considering that
this study classifies responses into two major categories (formal and practical
	




	
	Rating of the Reviewers
	Author’s Feedback

	
	reasoning), the author is advised to add a specific column in Table 1 that explicitly labels each theme into one of these categories (for example: good category, sufficient category, low category). Up to this point, patterns of students' answers from each of these categories have been identified. This will make it easier for readers to instantly  see  the  distribution  of
categories.
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The tables and figures presented in the manuscript are generally clear, relevant, and support the presentation of research results. Table 1 provides an informative summary of the themes of student responses, frequency, and examples of responses, thereby helping readers understand the identified reasoning patterns. In addition, the conceptual framework (Figure 1) is also relevant in illustrating the flow of relationships between tasks, epistemic resources, processes,  and  reasoning  patterns.
However, there are several aspects that can still be improved. Table 1 can be clarified by adding a category column (formal and practical epistemic reasoning) so that the classification is more explicit and easier to understand. Meanwhile, Figure 1 still needs to be refined in terms of layout and the clarity of visual elements to be more communicative and in accordance with scientific publication standards. It is also necessary to narrate the connection  between  Table  1  and
Figure 1 to make it more comprehensive.
	

	11. Does the discussion relate findings to existing literature? Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The discussion section has linked the research findings with relevant literature, showing an effort to place the research results within a broader theoretical framework. The explanations regarding pattern recognition, inductive reasoning, as well as the shift towards formal reasoning are also in line with the cited theories.
Furthermore, each subsection of the discussion is organized based on the
	




	
	Rating of the Reviewers
	Author’s Feedback

	
	research questions, making the flow of the discussion systematic and easy to follow.
However, the connection with the literature still tends to be descriptive and not fully critical. It is necessary to strengthen the analysis by comparing the findings with other empirical research results (not just theory). Adding more recent literature to enrich the discussion would help demonstrate whether these research results support, expand, or differ from
previous studies.
	

	12. Are the conclusions supported by the data?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 4 (Good)
The conclusions formulated by the author are very much aligned with the research objectives and are based on the data presented in the results section. The claim that students predominantly demonstrate formal epistemic reasoning is empirically supported by the percentages in Table
1. The author is also very honest in concluding that although students' reasoning is formal, their validation process still tends to be empirical (example-based) rather than deductive. This indicates the researcher's sharpness in interpreting the data beyond the statistical figures. In the conclusion, it is mentioned that there is a need for "instructional strategies that facilitate the transition." The conclusion would be much more valuable to the scientific community if the author provided more specific recommendations regarding which learning models are considered most relevant based on these findings. The author is advised to add specific points regarding what needs to be explored by future researchers based on the limitations found. Make sure the closing sentence in the conclusion answers  the  main  purpose of the
research again.
	

	13. Are the limitations of the study discussed?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	Assessment: 5 (Very Good)
The author has included a special section (3.3) that is presented honestly, transparently, and comprehensively. The author not only mentions general limitations such as a
small sample size but also touches on deeper aspects such as limitations in
	




	
	Rating of the Reviewers
	Author’s Feedback

	
	the number and scope of samples, the use of written response-based data, the focus on a single mathematical topic (arithmetic sequences), as well as a cross-sectional research design. In addition, the author also honestly acknowledges the potential subjectivity in the data classification process,  which  demonstrates  good
methodological awareness.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	Assessment: 4 (Good)
The references used in this manuscript are generally relevant to the research topic, particularly in supporting aspects of epistemology, mathematics education, and learning theory. The number of references is also sufficient to support the theoretical framework and	discussion	presented. However, some references are still dominated by classical literature, so the representation of recent research is still limited. Therefore, adding more recent references (from the last 5–10 years) is needed to ensure a balance
between classical and contemporary literature.
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale:
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor
N/A = Not Applicable
	Assessment: 4 (Good)
Overall, the manuscript is written in a clear and understandable language, with the appropriate use of academic terms in the context of epistemology and mathematics education. The sentence structure is also quite systematic, allowing the  reader to
follow the author's line of thought well.
	



PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment
	Author’s Feedback (It is mandatory that authors should write his/her feedback here)

	Is the title of the article suitable?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The article title is already in accordance with the content of the research because it reflects the focus on mathematical epistemology, the research subjects (10th-grade students), and the context of the
study    (arithmetic    sequence
	




	
	validation). However, the title can still be refined to be more concise and academically strong, for example by adding emphasis on epistemic stances as the main focus of the
research.
	

	Is the abstract of the article comprehensive?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
The abstract is already quite comprehensive as it includes the objectives, methods, analysis, and main findings of the research. However, it would be better if it  include some numerical data in the results section.
	

	Is the manuscript scientifically correct?
If your answer is NO, please provide a brief, clear suggestion for improvement.
	YES
In general, this manuscript is scientifically correct because it uses relevant theoretical foundations, appropriate methodology, and analysis that is consistent with the data. However, to improve scientific accuracy, the author is advised to clarify the operationalization of epistemic stances and strengthen the data analysis procedures; please illustrate them in the form of a diagram so that the interpretation of results becomes more transparent and
can be replicated.
	

	Are the references sufficient and recent?
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	NO
The references used are sufficient in terms of quantity, but they are still dominated by classical literature and do not fully reflect the latest developments in the field of mathematics education and epistemic cognition.
Suggestions:
Add recent international journal references (from the last 5–10 years), especially those discussing epistemic reasoning in mathematics education. This will strengthen the research's
position in the context of current studies.
	

	Are there ethical issues in this manuscript?
(YES or NO)
(If yes, kindly please write down the ethical issues here in details)
	NO
No indication of ethical issues was found in this manuscript. The author has included ethical approval, informed consent, and maintained the confidentiality  and  anonymity  of
participants during the research.
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