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PART 1 (Importance of the manuscript) 

	
	Comments of the Reviewers
	Author’s Feedback 


	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.
	The manuscript is essential because it shifts the focus from simple memorization to how students actually reason when learning mathematical rules. For daily practice—especially when designing curricula and assessments for 7th-grade classes—the research offers a very useful empirical basis. It proves that guiding students to investigate concrete examples and, from them, generalize the rule of multiplication of integers is the most effective strategy for replacing the mechanical application of formulas with a genuine mathematical understanding.
	



PART 2.1 (Objective Evaluation)

	
	Rating of the Reviewers
	Author’s Feedback 

	1. Is the title clear and appropriate for the study? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The title perfectly reflects the main objective established in the manuscript, leaving no room for ambiguity about the article's content. It works excellently for three main reasons: It specifies exactly the phenomenon being studied (mathematical epistemology); It clearly identifies who is being analyzed (7th-grade students); and It delimits the mathematical operation and action being investigated (validation of integer multiplication).
	

	2. Is the abstract of the article comprehensive? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The abstract is highly comprehensive and effectively captures all the essential elements of a strong research summary. It gives the reader a complete overview of the study without needing to dive into the full text.
	

	3. Are the keywords appropriate and useful?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The keywords—Mathematical epistemology; multiplication of integers; mathematics education, epistemic cognition —are highly appropriate and useful for indexing and searchability.
	

	4. Is the background information of the paper sufficient and well organized?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The background information in the Introduction is both comprehensive and highly organized, effectively setting the stage for the research. This structure ensures the reader fully understands what is being studied, why it matters theoretically, and where the findings will be practically applied.
	

	5. Are the research objectives/hypotheses clearly stated?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
Because this is a qualitative, exploratory study, formal statistical hypotheses are not necessary. The objectives provided are sharp, actionable, and set a perfect boundary for the research design that follows.
	

	6. Is the literature review relevant and up to date?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
Although the manuscript does not have a separate section titled "Literature Review," the reviewed literature is seamlessly integrated into the Introduction and Theoretical Framework sections.
	

	7. Is the research methodology appropriate for the study?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
The primary drawback is the reliance purely on written responses to assess highly complex, real-time cognitive processes. In epistemological studies, written answers can sometimes be shallow or reflect what students think the teacher wants to hear, whereas clinical interviews, focus groups, or think-aloud protocols often reveal much deeper, intuitive reasoning. Fortunately, the authors show excellent academic self-awareness by explicitly acknowledging this exact constraint in their limitations section, noting that written data may not capture real-time cognitive processes or nuanced reasoning.
	

	8. Were ethical issues properly addressed (if applicable)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The manuscript addresses ethical considerations perfectly for this type of educational research. While the "Consent and Ethical Approval" section is brief, it successfully checks every necessary box for conducting research involving human subjects in a school setting.
	

	9. Are the results presented clearly? 
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
Although the overall structure and data are good, the text suffers from significant terminological confusion. The methodology promises to divide the answers into "Formal Epistemology" and "Practical Epistemology." However, in the results section, the authors suddenly introduce the term "Epistemic Fragmentation" in place of "Practice." They then use these two terms interchangeably throughout the text and in Table 1, which breaks coherence and forces the reader to guess which category the data actually belong to.
	

	10. Are tables and figures clear, relevant, and necessary?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	3
Although visual elements are essential to the article, Table 1 presents significant flaws in clarity: The table omits the study's main classification (Formal vs. Practical/Fragmented Reasoning), forcing the reader to hunt for this correspondence throughout the paragraphs of text; The table title highlights the term "Practical Epistemologies," which is confusing and seems to contradict the text's own conclusion, which states that the vast majority of students demonstrated "Formal" reasoning.
	

	11. Does the discussion relate findings to existing literature?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The Discussion section (3.2) does an exceptional job of connecting the specific research findings with the broader academic literature. Instead of simply listing or repeating the results obtained with the students, the authors actively use previous theories and studies to explain the causes and implications of each finding.
	

	12. Are the conclusions supported by the data?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	4
The conclusions are solid and accurately reflect the numerical and qualitative data collected, confirming the predominance of formal reasoning and the secondary use of practical reasoning to avoid errors. The great merit of this section is that it corrects the terminological confusion created in the Results section: the authors finally abandon the term "epistemic fragmentation" and return to using the correct category, "practical epistemic reasoning". The note is only not perfect due to the legacy of this disorganization throughout the text.
	

	13. Are the limitations of the study discussed?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor N/A = Not Applicable
	5
The authors discuss in detail that the use of a convenience sample from a single institution limits the generalizability of the findings to other populations. They also acknowledge that data collection through written responses may not capture real-time cognitive processes, as some students might express themselves better verbally or simply reproduce memorized answers. Another highlight is the intelligent admission that focusing on a domain based on clear rules, such as integer multiplication, may have minimized the observation of instances of epistemic fragmentation that would appear in more abstract mathematical topics. Finally, the researchers acknowledge the limitations of the study's cross-sectional design and the subjectivity inherent in the qualitative coding process, a level of candor that considerably strengthens the credibility of the research.
	

	14. Are the references relevant and sufficient (in number)?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	4
The manuscript does not receive the highest possible score in this criterion due to its robust volume of highly relevant sources, masterfully balancing classic theoretical frameworks and recent academic literature on mathematics education. These minor editorial oversights require correction before publication, such as the consecutive duplication of the same reference (Schoenfeld, 2023) and the absence of the publication year in another reference (Skemp). With these simple formatting and revision adjustments, the bibliography will easily reach a level of excellence.
	

	15. Is the manuscript written in clear and understandable language?
Rating Scale: 
5 = Excellent 4 = Good 3 = Satisfactory 2 = Needs Improvement 1 = Poor 
N/A = Not Applicable
	3
The article fails due to a lack of clarity of language because, although the academic tone is appropriate, the text presents editing problems that significantly impair the flow of reading. The most serious flaw is the constant terminological confusion in the classification of data (alternating the terms "practical reasoning" and "epistemic fragmentation" as if they were synonyms). Furthermore, the article contains obvious typos (such as the word "picforts"), awkward sentence structures in English, and visually confusing formatting in direct quotations from students, mixing the local language with poorly integrated translations. To be published, the article requires rigorous proofreading focused on standardizing nomenclature and correcting these structural and typographical inconsistencies.
	



PART 2.2 (Subjective Evaluation)

	
	Reviewer’s comment

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)


	Is the title of the article suitable?

If your answer is NO, please provide a brief, clear suggestion for improvement.
	 The article's title is considered highly appropriate and suitable, as it precisely delimits the scope of the investigation by identifying the specific mathematical operation (multiplication of integers) and the cognitive action analyzed (rule validation). Furthermore, it clearly specifies the target audience (7th-grade students) and maintains a direct alignment with the theoretical framework of mathematical epistemology and epistemic cognition explored in the text. This terminological clarity ensures that the reader immediately understands the focus and context of the research, facilitating its indexing and search in academic databases.
	

	Is the abstract of the article comprehensive? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	The article abstract is considered highly comprehensive and effective, as it clearly synthesizes all the essential components of the research. It establishes the objective of examining epistemic reasoning patterns in integer multiplication, describes the methodology based on open-ended questions and the classification of responses, and presents the main results, highlighting the predominance of formal over practical reasoning. Finally, it concludes with relevant pedagogical implications, emphasizing the importance of connecting concrete exploration to abstract mathematical principles to promote integrated learning.
	

	Is the manuscript scientifically correct? 

If your answer is NO, please provide a brief, clear suggestion for improvement.
	The manuscript is scientifically sound, as it presents a logical alignment between its theoretical foundation, qualitative methodology, and the conclusions derived from the data. The research utilizes the methodological rigor of thematic analysis with independent coding and expert review to ensure the reliability of the findings. Furthermore, the study is well-anchored in established educational and philosophical literature, demonstrating empirical consistency by identifying the predominance of formal epistemic reasoning among the participants. Although it presents some minor terminological inconsistencies in the results section, the scientific integrity of the work is reinforced by a frank discussion of its limitations, such as the sample size and the nature of the written data.
	

	Are the references sufficient and recent? 
(YES or NO)

If your answer is NO, please provide clear suggestion for improvement.
	The manuscript's references are considered sufficient and up-to-date, presenting a robust volume of over 30 sources that balance classic theoretical frameworks with contemporary research published between 2020 and 2023. The study is grounded in historical pillars of mathematics education and philosophy, such as the works of Lakatos and Schoenfeld, while also aligning with the state of the art in epistemic cognition through recent authors such as Akgun & Sharma and Dignath & Veenman. Although the bibliographic content is highly relevant and in-depth, a technical review is recommended only to correct minor editorial errors, such as the duplication of an entry and the absence of the year in one of the citations.
	

	Are there ethical issues in this manuscript?
[bookmark: _GoBack](YES or NO)

(If yes, kindly please write down the ethical issues here in details)

	The manuscript presents no ethical issues, demonstrating full compliance with educational research protocols. The authors ensured that informed consent was obtained from the parents/guardians and the educational institution, and that student anonymity was guaranteed through the use of numerical codes in all data transcriptions. Voluntary participation and confidential handling of information, coupled with the institutional transparency mentioned in the methodology, confirm that the integrity of the participants was preserved throughout all stages of the investigation.
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