Editor’s Comment:
A list of points that the author should clarify before the manuscript can be considered for publication.
1. Throughout the manuscript, p is simultaneously treated as a prime number and as an element of the multiplicative group (Z/nZ)×. The author should clarify explicitly that p is considered modulo n and that the subgroup (p) denotes the cyclic subgroup generated by the residue class of p in (Z/nZ)×.
2. The manuscript states that (p) is finite because the multiplicative group modulo n is finite. A more rigorous justification is required: namely, that ordn(p) is finite because (Z/nZ)× is finite.
3. The manuscript introduces CH (v) = {h · v | h ∈ H} and calls this a “cyclotomic orbit”. However, this construction is simply the standard group orbit under a linear action and has no intrinsic cyclotomic structure. The author should justify the terminology or replace it with standard orbit-theoretic language.
4. The extension from one-dimensional cyclotomic cosets to orbits in GL(d, q) is presented as a “generalization”, but no structural, algebraic, or number- theoretic properties analogous to cyclotomic cosets are demonstrated. The author should clarify in what precise sense this constitutes a cyclotomic generalization.
5. The computation of A3 = I for A = ( 1 ) 1
01 over F3 is correct only because 3 ≡ 0  (mod 3). The author should explicitly explain this fact to avoid confusion.
6. Corollary 2.3 re-proves that orbits of a group action form a partition, which is a standard theorem. The author should either shorten the proof or cite the classical result directly.
7. Corollary 2.5 invokes the Orbit–Stabilizer Theorem but does not explicitly compute or describe the stabilizer Stab(p)(i). A brief explanation of the stabilizer in the context of cyclotomic cosets would improve clarity.
8. The manuscript asserts that the orbit interpretation of cyclotomic cosets has not been “formally developed”, but this requires citation support or a more nuanced statement, since the orbit viewpoint is classical in algebra.
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