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	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript makes a significant contribution to the qualitative theory of fractional boundary value problems by establishing generalized Lyapunov and Hartman Wintner type inequalities for mixed fractional differential equations governed by advanced operators. By combining classical inequalities with modern fractional frameworks including tempered, non-singular kernel, and variable-order operators; the work bridges an important gap in the current literature. The construction of Green’s functions and the use of cone fixed-point techniques provide rigorous existence, multiplicity, and eigenvalue results, offering explicit bounds that extend well-known integer-order cases to broader nonlocal settings. In addition to its theoretical depth, the manuscript focuses a solid analytical foundation for future numerical investigations and applications in physics, engineering, and applied sciences.
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	Yes.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	It is generally clear, well-structured, and aligned with the main results of the paper. While the abstract mentions extending classical inequalities to fractional settings, it would be beneficial to clearly state what distinguishes this work from existing studies.
	

	Is the manuscript scientifically, correct? Please write here.
	Yes.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	Yes.
	

	Is the language/English quality of the article suitable for scholarly communications?


	Yes.
	

	Optional/General comments


	The introduction section lacks a sufficiently detailed and structured literature review. Although several references are cited, the discussion does not clearly synthesize existing results or critically compare them with the present study. Clearly identify the research gap in the existing literature and explicitly explain how the current work advances beyond previously published results.
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