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	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	
	

	Is the manuscript scientifically, correct? Please write here.
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	Optional/General comments


	Summary: The manuscript proposes using a Median Based Unit Rayleigh (MBUR) distribution (a one-parameter unit-interval model) as the response distribution inside a parametric quantile regression (PQR) framework for bounded/proportion outcomes. The core modeling idea is to write the regression in terms of the closed-form MBUR quantile function (with emphasis on median regression) and connect the conditional median (or other quantiles) to covariates through standard link functions (logit, complementary log-log, and log-log).
Methodologically, the paper (i) presents the MBUR PDF/CDF/quantile function and then re-parameterizes the likelihood using the quantile function for the chosen percentile (including the median), (ii) estimates parameters by maximum likelihood, implemented with a Nelder-Mead optimizer in MATLAB, and uses finite central differences to approximate the variance-covariance matrix. To assess fit and choose among link functions/models, it uses randomized quantile residuals and Cox-Snell residuals as specification diagnostics, and reports information criteria such as AIC/BIC/CAIC/HQIC, plus likelihood-based comparisons (e.g., LRT) and pseudo-R2.

Empirically, the manuscript illustrates the approach using OECD Better Life Index–type data that are transformed to lie in (0,1): it treats “feeling safe walking alone” as the bounded response (with n=41 countries/observations) and considers employment rate and air pollution as covariates (both rescaled and log-transformed), first fitting separate one-predictor median-regression models and then a two-predictor “full” model, comparing link functions and reporting coefficient estimates, fit criteria, and residual/QQ plots. The substantive findings reported are that employment rate is positively associated with the safety outcome and air pollution negatively associated in the single-predictor fits, but in the multivariable model the paper argues employment rate dominates (dropping employment rate leads to a substantial likelihood drop and significant LRT, while dropping air pollution yields little change and a non-significant LRT), leading to a recommended final model with employment rate only; the conclusion reiterates the motivation for quantile/median regression for bounded, skewed data and briefly flags future directions around proxy-variable effects and omitted-variable considerations.



Major comments:
1. The title starts with “Proxy Variable in OECD Database…”, but the manuscript does not clearly define proxy variable, does not present a proxy-variable framework, and does not analyze measurement error / proxy bias in a principled way. The “Future work” section briefly gestures at “proxy variable effect” and “omitted variable bias,” but that is not a substitute for a defined estimand and analysis.
2. Causal statements like “To uncover a causal relationship…” is not justified for cross-country observational correlations. The paper uses observational cross-country OECD data, so “causal relationship” language is not supported and should be replaced with “association” unless a causal identification strategy is provided.

3. Table 1 lists LL as −31.3853 for logit/cloglog but then later the text says “LL is around 31 across the link functions.” Similarly, AIC/BIC are reported as negative and comparisons are made in ways that are not clearly correct or are at least confusing without specifying the exact definitions used. Please provide explicit formulas for LL, AIC, BIC, CAIC, HQIC exactly as computed in your code.

4. A central claim of the manuscript is that the proposed MBUR-based parametric quantile regression is useful for bounded outcomes and provides an attractive alternative to existing approaches. However, the current empirical evidence does not convincingly support this claim because the paper does not compare the proposed regression model against appropriate regression baselines. The comparisons presented are mainly (i) marginal distribution fitting of the response using a small set of candidate unit distributions (Beta, Kumaraswamy, MBUR) and (ii) internal model choices within MBUR (link-function selection among logit/cloglog/loglog, and nested covariate sets assessed via LL/AIC/LRT).

In particular, since the final application uses only n=41 and two predictors, in-sample information criteria and residual plots are not enough to establish competitiveness or robustness; at minimum the authors should compare MBUR-PQR to established alternatives such as beta regression (and Kumaraswamy regression with covariates), and ideally include an out-of-sample assessment (e.g., LOOCV predictive log-likelihood and/or quantile loss for the modeled quantile) to demonstrate any tangible advantage beyond “comparable fit.” If the authors choose not to do so, they should substantially soften claims and reposition the work as a limited demonstration rather than a broadly competitive alternative.
Minor comments:

1. I would suggest the author to remove promotional language; state contributions precisely and scientifically.

2. “Nealder Mead” should be “Nelder-Mead”.

3. In the paragraph “Table 2 shows that...”, last line correct “mauscript” to “manuscript”.

4. In the Conclusion section, correct spellings like “qauntile” and “infleunces”.

5. The paragraph right before Table 4 has grammatical errors/inconsistencies.

6. The “Availability of data and material: Not applicable” is misleading since the dataset is public and a link is provided.
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