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	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This paper offers a valuable insight into number theory by exploring small prime solutions of mixed-degree Diophantine equations. It builds on previous findings related to pure quadratic equations, now tackling equations that involve various powers. The authors demonstrate that, under specific conditions, these equations can yield prime solutions, and they also establish limits on the size of those primes. This kind of result is significant for analytic number theory as it enhances our understanding of how primes behave within polynomial equations.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	Absolutely, the title fits perfectly. It gives a clear idea of what the paper is tackling—finding small prime solutions to Diophantine equations. It might be a bit more precise if it included terms like "mixed powers" or "varying degrees," but honestly, the current title does the job just fine.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract does a good job of summarizing the main results, but it leans a bit too technical and can be tough to follow. The notation is quite dense right from the beginning. It would be really helpful to kick things off with a simple sentence that explains the problem you're tackling before diving into the mathematical details. Additionally, it would be great to mention the method you’re using (the circle method) in the abstract, as that’s a crucial aspect of your work.
	

	Is the manuscript scientifically, correct? Please write here.
	The mathematics looks solid. The Hardy-Littlewood circle method is a typical approach for this type of problem. The key takeaway here is that if you make a stronger assumption about the coefficients, you can sidestep the Deuring-Heilbronn phenomenon, which really helps to simplify things. The proofs rely on well-established techniques, and the reasoning appears to be sound. That said, some lemmas, such as Lemmas 2.1 and 2.2, are presented without proofs, which makes it somewhat challenging to fully verify everything.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references highlight the essential papers in this field, including Baker's groundbreaking work from 1967, along with the subsequent advancements made by Liu & Tsang, Choi & Liu, Harman & Kumchev, and others. While most of these references are a bit older (pre-2010), that’s understandable since they form the foundation of the topic. There’s also a very recent reference (Li & Ge, 2025), which is a great addition. To really enhance your paper, consider including a few more references from the last 5-10 years to better illustrate how your work aligns with the latest developments in the field.
	

	Is the language/English quality of the article suitable for scholarly communications?


	The English is generally good, but there are a few awkward phrases here and there. For instance, "The mian results" should actually be "The main results"—that's a typo right after equation 1.2. Some sentences could definitely be clearer; the introduction tends to jump around between different papers and findings without always making the connections clear. The technical sections are well-written for experts, but they could benefit from a bit more explanation for readers who aren't as familiar with the circle method.
	

	Optional/General comments


	The paper could really shine with a bit more context around the key ideas before jumping into the technical stuff. In Section 2, it dives straight into weighted solutions and generating functions—adding a paragraph to outline the overall strategy of the circle method would be super helpful. 

When it says, "the proofs are by now standard" for Lemmas 2.1-2.2, it seems like a missed chance to engage the reader. Even if the techniques are familiar, including the proofs would make the paper more self-sufficient and easier for readers to grasp. 

The paper mentions avoiding "extensive numerical computation," but it doesn't clarify what kind of numerical work was required in previous studies or how your method sidesteps it. This point definitely needs some elaboration. In Section 4, the proof comes off as a bit hurried. More detail on the logical progression would be beneficial. For example, why did you select that specific parameter value? What would happen if the coefficients had different signs instead of all being positive?
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	Are there ethical issues in this manuscript? 
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