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	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript contributes valuable progress to the ongoing effort to understand 2 class field towers of imaginary quadratic fields, a classical topic that remains central in algebraic number theory. By identifying explicit families of fields with ∣G/G3∣=64|G/G_3| = 64∣G/G3​∣=64, constructing new examples with tower length at least three, and contrasting these with half property fields where the tower terminates at t=2t = 2t=2, the paper helps sharpen the boundary between finite and potentially infinite towers. The systematic combination of class group computations, structural group theory and p group generation algorithms provides a methodological template that other researchers can adopt when studying similar extension structures in different number fields. Beyond the specific results, the manuscript offers new data, new patterns and several well-motivated open questions, all of which create opportunities for further research and deeper theoretical development.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)
	Yes, the title is generally suitable because it accurately reflects the central focus of the manuscript
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	Yes, the abstract is not entirely comprehensive. For example, the authors did not specify the method used for the simulation, which should be included. I recommend that the authors revise the abstract to address these points. Additionally, the abstract could conclude with a statement indicating that the results suggest the emergence of new structural patterns.
	

	Is the manuscript scientifically, correct? Please write here.
	Based on a careful reading, the manuscript appears to be scientifically correct, and I did not identify any substantive mathematical errors in the statements, proofs, or use of known results. 
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references included are adequate, but adding a few modern works would help.
	

	Is the language/English quality of the article suitable for scholarly communications?


	Yes, the language quality of the article is generally suitable for scholarly communication.
That said, there are a few places where clarity could be improved with minor editing:

1. Some sentences are longer than necessary, and splitting them would make the arguments easier to follow.

2. Transitions between sections could be slightly smoother, particularly when moving from the theoretical background to the computational results.

3. Occasional informal phrasing could be made more precise to match the formal style of number theory papers.

4. Table descriptions could be expanded or clarified to guide readers who may not immediately recognize the patterns being highlighted.
	

	Optional/General comments


	The manuscript is strong, and the above suggestions are optional enhancements that could increase clarity and accessibility without altering the core results.
1. The manuscript ends with interesting open questions. These could be more clearly highlighted, perhaps in a separate concluding section, to emphasize their relevance to future work.
2. The tables contain rich numerical data. It may be helpful to include a brief summary of the most striking observations immediately after each table, allowing readers to quickly grasp the significance of the examples.
3. A simple diagram illustrating the 2-class field tower structure k⊂k1⊂k2⊂k3k \subset k_1 \subset k_2 \subset k_3k⊂k1​⊂k2​⊂k3​ for one representative example would improve accessibility for readers less familiar with tower theory.
Finally, I recommend that the authors address all the points before the paper can be accepted for publication.  
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