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	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	The manuscript introduces and develops the concept of dual generalized Adrien numbers, extending classical Adrien and Adrien–Lucas sequences into the dual-number algebraic framework. This extension is meaningful because dual numbers play an important role in hypercomplex analysis, automatic differentiation, and kinematics. The results—including generating functions, Binet-type formulas, matrix formulations, and Simson-type identities—offer valuable additions to the existing literature on generalized number sequences. The work will be of interest to researchers studying recurrence relations and hypercomplex algebraic structures.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The current title, “A Note on Dual Generalized Adrien Numbers,” is clear but does not fully reflect the breadth of results contained in the manuscript.
Suggested alternate titles:
1. “Dual Generalized Adrien Numbers: Generating Functions, Binet Formulas, and Matrix Representations”

2. “Algebraic and Analytic Properties of Dual Generalized Adrien and Adrien–Lucas Numbers”

These options better capture the scope and depth of the paper.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract provides a basic overview of the study but lacks clarity regarding the manuscript’s specific contributions. It would benefit from:

· A short explanation of why dual Adrien numbers is studied and their relevance.

· A concise listing of main results (e.g., explicit generating functions, new Simson identities, matrix formulations).

· A clearer statement of novelty compared to prior works.

I recommend adding 1–2 sentences to emphasize the significance and originality of the findings.
	

	Is the manuscript scientifically, correct? Please write here.
	The manuscript appears mathematically correct based on the derivations and identities presented. The recurrence relations, generating functions, and Binet-type formulas are consistent with established methods used for sequence analysis within hypercomplex frameworks.

· Several proofs rely heavily on earlier literature without sufficient detail (“For the proof, see…”). Including brief proof sketches would make the paper more self-contained.

· Some expressions and symbols appear inconsistently formatted, which may confuse readers.

Overall, the mathematical content is sound but could be presented more clearly.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	· The literature cited is dominated by a small number of authors; broader references related to dual-number algebra, automatic differentiation, and hypercomplex analysis would strengthen the theoretical background.

· Adding a few classical or foundational references on dual numbers is recommended.
	

	Is the language/English quality of the article suitable for scholarly communications?


	The manuscript contains numerous grammatical errors, typographical mistakes, and awkward sentence constructions. A thorough language edit is necessary to ensure clarity and scholarly presentation.
	

	Optional/General comments


	The paper is mathematically valuable and contains original contributions, but it requires improvements in clarity, completeness of proofs, language quality, and contextual explanation before being suitable for publication.
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