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	PART  1: Comments



	
	Reviewer’s comment
Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This review provides a timely and structured synthesis of international research on mathematical reasoning from the past five years. By organizing the literature into three coherent themes—factors influencing reasoning, cultivation strategies, and classification frameworks—it offers a useful map for researchers and educators navigating this growing field. The manuscript also identifies critical gaps, such as the scarcity of large-scale intervention studies and the lack of research on developmental trajectories of reasoning across age groups. These insights can guide future empirical work and curriculum design, especially in contexts where mathematical reasoning is now a mandated core competency (e.g., under national standards in China and international assessments like PISA).
	

	Is the title of the article suitable?

(If not please suggest an alternative title)
	Yes. The title clearly signals the scope (past five years), focus (mathematical reasoning), and type of article (review). It is accurate and appropriate for the content.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract effectively summarizes the purpose, method, key findings, and implications. To enhance precision, consider specifying that the review focuses exclusively on international (non-Chinese) literature, as this is a key methodological boundary noted in the introduction. Also, briefly mentioning the database used (Web of Science) would improve transparency.
	

	Is the manuscript scientifically, correct? Please write here.
	Yes. The study follows a systematic literature review approach with a clear search strategy (Web of Science, “mathematical reasoning,” 2019–2024), inclusion criteria, and thematic analysis. The synthesis is logically organized, accurately represents the cited studies, and avoids overgeneralization. Conclusions are grounded in the reviewed evidence and appropriately cautious.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references are recent (all within the last five years) and predominantly from reputable journals. However, consider including two foundational or highly influential works that have shaped recent discourse, even if slightly older than five years—for example: 

· Lithner, J. (2017). Principles for designing mathematical tasks that enhance students’ creative reasoning. ZDM Mathematics Education, 49(6), 923–938. 

· Schoenfeld, A. H. (2019). How we think: A theory of goal-oriented decision making and its educational applications. Routledge.
These would strengthen the theoretical grounding of the review.


	

	Is the language/English quality of the article suitable for scholarly communications?


	The manuscript would benefit from a brief discussion of limitations of the review itself—for example, reliance on a single database (Web of Science), potential exclusion of non-English studies, or lack of formal quality appraisal of included papers. Adding this would align with best practices for literature reviews and enhance scholarly rigor.
	

	Optional/General comments


	The manuscript is well-structured, methodologically transparent, and addresses a relevant topic in mathematics education. The suggested revisions are minor and aimed at improving clarity, completeness, and academic precision—not at correcting substantive flaws.
The manuscript titled "Research on Mathematical Reasoning in the Past Five Years" presents a timely and well-structured narrative review of international scholarship on mathematical reasoning from 2019 to 2024. The synthesis is organized around three coherent themes—factors influencing reasoning, strategies for cultivating reasoning, and classifications of reasoning—and effectively highlights current trends, gaps, and directions for future research. The study adheres to transparent methodology (Web of Science–based selection, clear inclusion criteria) and aligns with the journal’s scope in education and social sciences. 

To enhance scholarly rigor and clarity, following minor revisions prior to final acceptance: 

1. Clarify Scope Limitation: Explicitly state in the abstract and introduction that the review focuses exclusively on non-Chinese, English-language studies indexed in Web of Science, as this contextual boundary is crucial for interpreting the findings. 

2. Strengthen Theoretical Grounding: Consider integrating 1–2 seminal or highly influential references that have shaped recent discourse on mathematical reasoning (e.g., Lithner, 2017 on creative reasoning; Schoenfeld, 2019 on decision-making in problem solving), even if published slightly beyond the five-year window. 

3. Acknowledge Review Limitations: Briefly discuss limitations of the review methodology itself—such as reliance on a single database, exclusion of non-English literature, and absence of formal quality appraisal of included studies—to align with best practices for literature reviews. 

4. Correct Minor Language Issues: Address typographical inconsistencies (e.g., “recogn ized”, “b een”, “differences i n”) likely introduced during formatting. A light proofreading pass will ensure professional presentation. 

The manuscript is scientifically sound, ethically compliant, and makes a useful contribution to mathematics education research. Upon incorporation of these minor revisions, it will be suitable for publication. 
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