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	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	The manuscript presents a mathematical model for fleet management incorporating passenger competition, equilibrium analysis, and bifurcation behavior. Such modeling is valuable for transport economics, applied mathematics, and operations research, as it addresses real-world challenges of optimizing fleet size under varying demand and operational costs. The findings can assist policymakers and transport operators in making informed decisions that balance service quality, profitability, and sustainability. The work contributes to bridging the gap between theoretical modeling and practical transport system management.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	Yes, the title accurately reflects the content and focus of the paper. It is clear, descriptive, and relevant to the subject matter. No change is necessary.


	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract is generally comprehensive and outlines the purpose, methods, and key findings. However, it could be improved by: Clearly stating the modelling approach (ordinary differential equations and aggregation method) at the beginning. and, briefly mentioning the practical implications of the bifurcation analysis for fleet management decisions.


	

	Is the manuscript scientifically, correct? Please write here.
	Yes, the manuscript is scientifically sound and the mathematical derivations appear correct. The stability and bifurcation analyses are consistent with the presented model. Some derivation steps, particularly in the aggregation from Equation (3) to Equation (4), could be elaborated for clarity.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references are generally relevant but include several older sources. Adding more recent literature (2018–2024) on fleet optimization, transport system modeling, and nonlinear dynamics could strengthen the paper. Suggested keywords for further references: “dynamic pricing in public transport,” “optimal fleet size modeling,” “nonlinear transport dynamics.”
	

	Is the language/English quality of the article suitable for scholarly communications?


	The manuscript is understandable and the technical content is clear. However, minor grammatical corrections, consistent capitalization, and improved sentence flow in some sections are recommended to enhance readability.
	

	Optional/General comments


	Overall, the paper is well-structured and presents a meaningful contribution. Minor improvements in clarity, grammar, and literature updating will further strengthen it.
However, the following points should be addressed in the manuscript to further improve and refine it.

1. The introduction section provides relevant background but could be strengthened by connecting the existing literature more explicitly to the proposed model.

2. In Equation (3), parameter definitions should be presented together in one place for clarity.

3. The assumption that fleet fare evolves faster than other variables should be justified with empirical or literature-based evidence.

4. The aggregation step from (3) to (4) is described briefly; a more explicit derivation could improve clarity for readers unfamiliar with such reductions.

5. In the stability analysis, signs of eigenvalues are correctly stated, but the explanation of the saddle point nature of E0E_0E0​ could be mathematically elaborated.

6. Figures should have clearer captions describing the meaning of curves and parameters used in simulations.

7. The bifurcation analysis in Proposition 1 is insightful but would benefit from a short paragraph linking the findings back to real-world fleet management implications.

8. While the conclusion summarizes the findings, it would be valuable to quantify the “optimal threshold” with an example using realistic transport data.

9. The recommendation section mixes technical suggestions and policy advice; separating them could improve clarity.

10. Some references are over 10 years old (e.g., [1], [2]); adding more recent works on fleet optimization or transport dynamics could make the paper stronger.

11. Abstract: Change “and assume fast time scale” → “and is assumed to evolve on a fast time scale.”

12. Introduction: “Depreciates” should be “depreciate” in “… these goods depreciates…” for subject-verb agreement.

13. Introduction: “A Resource can to be renewable…” should be “A resource can be renewable…”

14. Section 2: “stringiest government policies” → “stringent government policies.”

15. Section 2: Capitalization consistency — “kenyatta” should be “Kenyatta.”

16. Section 3: “Which is actually fleet units involve in transporting travelers” → “which refers to fleet units involved in transporting travelers.”

17. Section 4: “dimensionless” should be preceded by a space in “equation (4) dimensionless.”

18. Section 5: “illustrate” → “illustrates” in “…bifurcation analysis illustrate how…”
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	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in details)
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