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	Author’s Feedback (It is mandatory that authors should write his/her feedback here)



	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This paper tackles a significant issue in the realm of financial mathematics: the modeling of volatility surfaces and erratic market dynamics. By enhancing the traditional SABR model through the incorporation of fractional Brownian motion and a rapidly changing stochastic environment, the authors establish a framework that effectively captures rough volatility and long-memory phenomena. This methodology not only advances the theoretical understanding of stochastic volatility but also has practical implications for areas like option pricing and calibration. The subject matter is pertinent to scholars engaged in probability, stochastic processes, and financial modeling.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The current title is clear and informative, it accurately reflects the scope of the paper. No change is needed.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract effectively covers the key aspects, including the motivation, methodology, and contributions of the work. Nonetheless, it could benefit from greater precision by elaborating on how the fast-varying environment enhances the calibration process.
The term "robust and realistic framework" lacks clarity. It would be beneficial to clarify by stating that it is "robust in capturing volatility smiles and realistic in reflecting long-memory volatility dynamics."
	

	Is the manuscript scientifically, correct? Please write here.
	1-The results concerning existence and uniqueness presented in Section 2.1 largely depend on established theorems; however, the specific application to the proposed SABR-FSV system lacks comprehensive detail. It would be beneficial to provide a clearer explanation of how the conditions of Lipschitz continuity and boundedness relate to the coefficients µ(.) and ν(·) that have been introduced.
2-The shift from stochastic differential equations influenced by fractional Brownian motion to squared Bessel processes is a graceful one; however, it requires further justification, especially in cases where β falls within the range of (0,1).

3-The authors acknowledge that utilizing the fractional model leads to higher computational expenses. A more detailed analysis, such as comparing runtimes, assessing complexity levels, or evaluating algorithm efficiency, would greatly benefit practitioners in the field.

4-Certain equations can be challenging to interpret because of the overlapping symbols used for standard and fractional Brownian motions. Establishing a more distinct differentiation, such as employing consistent subscripts and superscripts for terms like $B^H_sigma$ and $B^H_X$, would enhance clarity and readability.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references provided are sufficient; however, a few are somewhat outdated. Incorporating more contemporary studies on rough volatility, such as those by Gatheral, Jaisson, and Rosenbaum from 2018, would be beneficial.
	

	Is the language/English quality of the article suitable for scholarly communications?


	The language is generally clear.
	

	Optional/General comments


	1-Figure 3: The juxtaposition of empirical trading volumes with volatility processes can be misleading, as trading volume and volatility are distinct concepts. A more effective approach would be to present implied volatilities derived from market data
2-Errors in typography: On page 5, the indices in Equation (∗) are inconsistent. Additionally, on page 10, references to “theorem (2.3)” need to be revised, as they likely refer to theorem 2.2 instead.

3-References: Certain citations are lacking in completeness (for instance, [1] does not originate from a peer-reviewed source). It may be beneficial to include more up-to-date research on rough volatility.
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