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A Hidden Markov Model Approach to Daily Stock Return Dynamics of PT Kimia Farma Tbk


ABSTRACT

	PT Kimia Farma Tbk is one of the enterprises owned by the government of Indonesia that is engaged in the pharmaceutical sector. The daily stock return price of PT Kimia Farma Tbk (KAEF) from 2012 to 2024 is constantly changing. This change can be influenced by one of the conditions of the stock market that cannot be observed directly. In addition, this change moves up and down drastically, so stock price predictions cannot use just one model. In this study, a hidden Markov model (HMM) was chosen for modeling this data because it allowed changes from one model to another. Initially, a 3-state discrete HMM was used to model the data. The simulation showed that the model could not accurately follow the movement of the data. To overcome this, the discrete HMM was modified into a continuous HMM by replacing the parameters of the probability mass function with the probability density function of the continuous distribution for each hidden state. So, the daily stock return price of KAEF was modeled by a 3-state continuous HMM, and the data in each state follows a logistic distribution. To measure the accuracy of using the continuous HMM, we used the mean absolute error (MAE). The MAE value obtained from the training data simulation using discrete HMM is 0.03188 or 7.97% of the original data range, while the MAE from the training data simulation using continuous HMM is 0.029818 or 7.45% of the original data range. Furthermore, the MAE value of the test data simulation is 0.0338527 or 8.46% of the original data range. The results show that the HMM performs very well in modeling the dynamics of the KAEF data.
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1. INTRODUCTION

Stock price predictions are essential for investors in making decisions about buying or selling shares. Buying shares involves various risks, including potential capital loss due to declining prices and the risk of the issuing company being liquidated (Sadili & Zubair, 2025). Shares considered good are shares that can provide a realized return that is not too far from the expected return (Irdawati et al., 2023). Return is the result obtained from an investment. A positive return indicates that the investment results are profitable, and vice versa. A negative return indicates that the investment results are losing money (Wardhani et al., 2022). This decision-making depends on the pattern of the stock price movement (Troiano et. al. 2018). Studies related to predicting stock prices have been widely conducted. Cahyani and Mahyuni (2020) used the Moving Average model (MA) to identify the trend of LQ45 stock price movements. Furthermore, Rusyida and Pratama (2020) used the Autoregressive Integrated Moving Average (ARIMA) to predict non-stationary Garuda stock prices by first making them stationary using differencing. Pipin et al. (2023) used the Recurrent Neural Network - Long Short-Term Memory (RNN - LSTM) model to predict stock prices because it can identify non-linear data and reduce complex trends in stock prices. Then, Catello et al. (2023) predicted the shares of Apple Inc., IBM Corp., and Dell Inc. from October 13, 2004, to January 21, 2005, using the hidden Markov model (HMM) and gave results that HMM has strong predictive capabilities compared to several models, such as ARIMA.

Currently, pharmaceutical companies are among the industrial companies that are growing quite significantly. Pharmaceutical companies are important contributors to economic growth (Darto & Ali, 2022). In addition, pharmaceutical companies play an important role in realizing public health as researchers, developers, and distributors of medicines. Therefore, pharmaceutical companies will always be needed in any condition (Majid & Oktavina, 2016).
PT Kimia Farma Tbk is a state-owned enterprise in the pharmaceutical sector. It was founded in 1817 by the Dutch colonial government as Indonesia's first and oldest pharmaceutical company (Cahya & Juniwati, 2023). Many people are interested in becoming stock investors in PT Kimia Farma Tbk, which can be seen from the number of shareholders, which is 90.025% by the government and 9.975% held by the public (Asnawi et al., 2021). In addition, based on data from finance.yahoo.com, PT Kimia Farma Tbk's daily stock return price index (KAEF) from 2012 to 2024 continues to fluctuate as in Figure 1 below.


Figure 1. Daily stock returns of PT Kimia Farma Tbk (KAEF)

Due to certain conditions, stock returns KAEF are constantly changing. Most fluctuate between -0.1 and 0.1, and several times experience drastic decreases and increases between -0.2 and 0.2. This makes stock price predictions unable to use just one model; in other words, a model is needed that allows changes from one model to another. In addition, stock return conditions that cause positive or negative stock returns cannot be observed directly, so a hidden Markov model (HMM) is expected to be able to predict them.

A Hidden Markov model is a pair of stochastic processes with the underlying stochastic process not directly observable (hidden) but can only be observed through a series of other stochastic processes that produce the observed data set (Rabiner & Juang, 1986). A hidden Markov model consists of two processes, the Markov process and the observation process (Setiawaty, 2002). The Markov process is a stochastic process that has Markov properties. This means that the next conditions only depend on the current conditions and do not depend on the conditions in the past (Hoek & Elliot, 2018). 

This HMM is divided into two classes, i.e., discrete HMM for discrete observation sequences and continuous HMM for continuous observation sequences. In this study, the daily stock return will be modeled using discrete HMM first to obtain HMM parameters. Then, to fulfill the continuous nature of daily stock return data, the parameter containing the emission probability or probability mass function is replaced by a parameter containing the probability density function of each distribution per state. So, in the end, we will work with a continuous HMM.

2. MATERIALS AND METHODS

2.1 Markov Chains  
Suppose  is a sequence of random events from the sample space . The sequence  is a Markov chain if it satisfies the following conditions:

for each  and all . This means that the Markov chain is a stochastic process that has a condition where the probability of a future event depends only on the current event (Hoek & Elliot, 2018).

The Markov chains are used to measure or estimate movements that occur at any time. This process involves the use of a Markov transition matrix where each value in the transition matrix is the probability of each movement from one state to another (Syafruddin et al., 2014).

2.2 Hidden Markov Models
A Hidden Markov model (HMM) consists of a pair of stochastic processes . The set of events  is not observed directly; in other words, it is hidden and represents a collection of events that form a Markov chain.  represents the observation process (Rabiner, 1989). The following are the parameters of a hidden Markov models with discrete observations:
1. , the number of states of the Markov chain  with state space . 
2. , the number of possible observations of  for each state, with the observation space is .
3. , the transition probability matrix with  and .
4. , the emission probability matrix with ,
, and .
5. , initial probability matrix with and .
Let be the representation of the discrete HMM. 

There are two assumptions used in HMM. First, the Markov assumption states that the next state is only influenced by the current state. Second, the current observation only depends on the current state and is independent of previous observations (Amri, 2022s). The Illustration of dependency between variables in an HMM can be seen in Figure 2.
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Figure 2. Illustration of the hidden Markov model

There are three main problems in using HMM. First, the evaluation problem, namely calculating the probability of a sequence of observations, can be solved using the forward algorithm. Second, the decoding problem aims to find the optimal hidden sequence that maximizes the probability of the observation sequence and the hidden state. Third, the learning problem is finding the best parameters using the Baum-Welch and expectation maximization (EM) algorithms (Alghamdi, 2016). The following is a description of the solution to these three problems.

2.2.1 Evaluation Problem 
Given an HMM  and a sequence of observations  where T is a number of observations, we will calculate the joint mass probability of the sequence of observations as follows (Setiawaty et. al. 2024).
 
                  
                  .

The above formulation has a repetitive nature, so a forward algorithm is needed to facilitate the calculation of the evaluation problem. Define the forward variable:
, for  and .
The steps of the forward algorithm are:
a. Initialization:
, .
b. Induction: for 
, .
c. Termination
.

2.2.2 Decoding Problem 
Given the HMM  and the observation sequence , we will find the optimal state sequence which maximizes
 
This problem can be solved using the Viterbi algorithm as follows (Rabiner, 1989). For  and , define
.
By induction we obtain:
, for .
with the following steps.
a. Initialization 
,  
, For .
b. Recursion for 
, .
, .
c. Termination: best state at time 
 
.
d. Backtracking: the best state sequence on 
.
e. Output:
.

2.2.3 Learning Problem 
Given HMM  and observation sequence , we will obtain the best parameters  that satisfies 
.
This problem can be solved by the Baum-Welch algorithm and the expectation algorithm maximization (EM). The following are the steps for the Baum-Welch algorithm to search  (Rabiner, 1989).
a. Forward and backward variables for  and  are defined as

.
b. For , define
 
    
   , 
, for  
Note that  .

Estimation  is done using the Expectation algorithm Maximization (EM) which consists of two stages, namely stages E and M (Harpaz and Haralick, 2006).
1. E-Step
For each  with  is the set of all HMM parameters, calculate
 
 
 
 
	It can be seen that the log-likelihood function becomes
, 
According to Firmansyah et al., (2018) for every  in , satisfies . This implies
 
 
,
	
2. M-Step
Find  so that . Therefore,

in other words

Solving the M-step will give the estimate parameter  which consist following estimate parameter  and .
,  and 
,  and 
, 
where
, 
and
, 
(Setiawaty et al., 2024).

2.3 Mean Absolute Error  
According to Hodson (2022), the mean absolute error (MAE) is used to evaluate models by measuring the average magnitude of prediction errors compared to the actual data, represented by . The smaller the MAE value, the more accurate the prediction results. The equation used to obtain the MAE value on the predicted value () with the actual data () is:
,
where  is the amount of data.

3. results and discussion

3.1 Data Description
The data used in this study is the daily closing stock return data of PT Kimia Farma Tbk with an observation period of January 2, 2012 - December 31, 2024. The 3208 data were obtained from the finance.yahoo.com site. It has an average of 0.000211347 and a variance of 0.00134296 with a range of values between 0.18 to 0.22. In this modeling, 90% of the return data was selected as training data and the rest as test data.

3.2 Discrete HMM Modeling 
The return data of PT Kimia Farma Tbk used in this modeling is continuous data. The initial stage in determining the distribution of each state or condition in continuous HMM requires discrete HMM modeling first, so it is necessary to carry out discretization with clustering. This modeling uses the -means clustering method, which is a method of grouping data into  data groups based on the center of the group closest to the data, or commonly called the centroid (Ong 2013). In this HMM, the value of k used is the number of possible observations . Determination of the best model is done with the help of Akaike Information Criterion (AIC) according to the number of states  and cluster with the AIC equation as follows.

with  being the likelihood value of the HMM model (Cavanaugh & Neath, 2019). Using the forward algorithm and training data, we calculate the value of the loglikelihood and the AIC values for 2,3, ..., 20The Table 1 and Table 2 show the results of calculating the log-likelihood and the AIC value for HMMs with the combination of states 2,3, ..., 20and cluster 2,3, ..., 20

Table 1. Log likelihood Values in Discrete HMM 
	Log likelihood Values

	N
	M

	
	2
	3
	4
	5
	6
	7
	8
	9
	10
	11
	12
	13
	14
	15
	16
	17
	18
	19
	20

	2
	-2000.0
	-2342.5
	-3069.9
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	3
	-1999.7
	-2243.3
	-2970.7
	-3356.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	4
	-1999.7
	-2240.3
	-3069.7
	-3361.4
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	5
	-1999.9
	-2342.5
	-3069.9
	-3371.2
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	6
	-1999.6
	-2336.7
	-3069.6
	-3456.9
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	7
	-1999.8
	-2339.5
	-3069.9
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	8
	-1999.9
	-2342.3
	-3069.9
	-3498.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	9
	-1999.7
	-2342.5
	-3069.9
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	10
	-1999.8
	-2342.2
	-3069.7
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	11
	-1999.7
	-2342.3
	-3069.9
	-3499.9
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	12
	-1999.7
	-2340.1
	-3069.6
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	13
	-1999.5
	-2328.0
	-3069.9
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	14
	-1999.5
	-2326.0
	-3069.7
	-3378.8
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	15
	-1999.5
	-2342.3
	-3069.9
	-3372.7
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	16
	-1999.6
	-2342.5
	-3069.6
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	17
	-1999.7
	-2342.2
	-3069.6
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	18
	-1999.6
	-2342.3
	-3069.6
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	19
	-1999.5
	-2339.9
	-3069.7
	-3483.1
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4

	20
	-1999.5
	-2341.6
	-3069.9
	-3501.5
	-4007.4
	-4496.0
	-4844.8
	-5159.5
	-5360.0
	-5741.3
	-5979.0
	-6185.9
	-6363.5
	-6520.2
	-6701.1
	-7113.9
	-7247.6
	-7338.1
	-7473.4



From Table 1, we see that for  6, 7, 8, ..., 20the HMMs have almost the same loglikelihood value for every . So, we will focus only for HMMs with the value of 2,3,4,5


Table 2. AIC Values on Discrete HMM 
	AIC VAlues

	N
	M

	
	2
	3
	4
	5
	6
	7
	8
	9
	10
	11
	12
	13
	14
	15
	16
	17
	18
	19
	20

	2
	4003.0
	4689.0
	6144.8
	7009.0
	8021.7
	8999.9
	9698.7
	10329.0
	10731.0
	11494.5
	11970.9
	12385.8
	12742.0
	13056.5
	13419.2
	14245.8
	14514.2
	14696.2
	14967.9

	3
	4007.3
	4496.5
	5953.4
	6727.0
	8030.7
	9009.9
	9709.7
	10341.0
	10744.0
	11508.5
	11985.9
	12401.8
	12759.0
	13074.5
	13438.2
	14265.8
	14535.2
	14718.2
	14990.9

	4
	4014.3
	4498.7
	6160.4
	6746.7
	8041.7
	9021.9
	9722.7
	10355.0
	10759.0
	11524.5
	12002.9
	12419.8
	12778.0
	13094.5
	13459.2
	14287.8
	14558.2
	14742.2
	15015.9

	5
	4023.8
	4713.0
	6171.7
	6778.4
	8054.7
	9035.9
	9737.7
	10371.0
	10776.0
	11542.5
	12021.9
	12439.8
	12799.0
	13116.5
	13482.2
	14311.8
	14583.2
	14768.2
	15042.9

	6
	4034.1
	4713.4
	6184.2
	6963.8
	8069.7
	9051.9
	9754.7
	10389.0
	10795.0
	11562.5
	12042.9
	12461.8
	12822.0
	13140.5
	13507.2
	14337.8
	14610.2
	14796.2
	15071.9

	7
	4047.6
	4733.0
	6199.7
	7069.0
	8086.7
	9069.9
	9773.7
	10409.0
	10816.0
	11584.5
	12065.9
	12485.8
	12847.0
	13166.5
	13534.2
	14365.8
	14639.2
	14826.2
	15102.9

	8
	4062.8
	4754.7
	6216.7
	7081.0
	8105.7
	9089.9
	9794.7
	10431.0
	10839.0
	11608.5
	12090.9
	12511.8
	12874.0
	13194.5
	13563.2
	14395.8
	14670.2
	14858.2
	15135.9

	9
	4079.4
	4773.0
	6235.7
	7107.0
	8126.7
	9111.9
	9817.7
	10455.0
	10864.0
	11634.5
	12117.9
	12539.8
	12903.0
	13224.5
	13594.2
	14427.8
	14703.2
	14892.2
	15170.9

	10
	4098.6
	4792.3
	6256.4
	7129.0
	8149.7
	9135.9
	9842.7
	10481.0
	10891.0
	11662.5
	12146.9
	12569.8
	12934.0
	13256.5
	13627.2
	14461.8
	14738.2
	14928.2
	15207.9

	11
	4119.5
	4814.6
	6279.7
	7149.9
	8174.7
	9161.9
	9869.7
	10509.0
	10920.0
	11692.5
	12177.9
	12601.8
	12967.0
	13290.5
	13662.2
	14497.8
	14775.2
	14966.2
	15246.9

	12
	4142.4
	4834.3
	6304.3
	7179.0
	8201.7
	9189.9
	9898.7
	10539.0
	10951.0
	11724.5
	12210.9
	12635.8
	13002.0
	13326.5
	13699.2
	14535.8
	14814.2
	15006.2
	15287.9

	13
	4167.1
	4836.0
	6331.7
	7207.0
	8230.7
	9219.9
	9929.7
	10571.0
	10984.0
	11758.5
	12245.9
	12671.8
	13039.0
	13364.5
	13738.2
	14575.8
	14855.2
	15048.2
	15330.9

	14
	4194.1
	4859.9
	6360.4
	6991.5
	8261.7
	9251.9
	9962.7
	10605.0
	11019.0
	11794.5
	12282.9
	12709.8
	13078.0
	13404.5
	13779.2
	14617.8
	14898.2
	15092.2
	15375.9

	15
	4223.0
	4922.6
	6391.7
	7011.4
	8294.7
	9285.9
	9997.7
	10641.0
	11056.0
	11832.5
	12321.9
	12749.8
	13119.0
	13446.5
	13822.2
	14661.8
	14943.2
	15138.2
	15422.9

	16
	4254.2
	4955.0
	6424.2
	7303.0
	8329.7
	9321.9
	10034.7
	10679.0
	11095.0
	11872.5
	12362.9
	12791.8
	13162.0
	13490.5
	13867.2
	14707.8
	14990.2
	15186.2
	15471.9

	17
	4287.3
	4988.4
	6459.2
	7339.0
	8366.7
	9359.9
	10073.7
	10719.0
	11136.0
	11914.5
	12405.9
	12835.8
	13207.0
	13536.5
	13914.2
	14755.8
	15039.2
	15236.2
	15522.9

	18
	4322.1
	5024.5
	6496.2
	7377.0
	8405.7
	9399.9
	10114.7
	10761.0
	11179.0
	11958.5
	12450.9
	12881.8
	13254.0
	13584.5
	13963.2
	14805.8
	15090.2
	15288.2
	15575.9

	19
	4359.1
	5057.9
	6535.4
	7380.2
	8446.7
	9441.9
	10157.7
	10805.0
	11224.0
	12004.5
	12497.9
	12929.8
	13303.0
	13634.5
	14014.2
	14857.8
	15143.2
	15342.2
	15630.9

	20
	4398.1
	5101.1
	6576.7
	7459.0
	8489.7
	9485.9
	10202.7
	10851.0
	11271.0
	12052.5
	12546.9
	12979.8
	13354.0
	13686.5
	14067.2
	14911.8
	15198.2
	15398.2
	15687.9




For each 2,3,4,5, the number of  is selected as the state that has the smallest AIC value. In Table 2, the smallest AIC values are colored yellow. This minimum AIC value converges to  for 3, 4, 5. The minimum value of AIC for  3, 4, 5 is obtained when . So, the best discrete HMM was chosen when  and . Using the Baum-Welch Algorithm, the values of the discrete HMM parameters  with the combination of the number of states  and  are as follows.

 ;  ;  .

The matrix  shows the transition probability between hidden states. This matrix indicates that the hidden state 1 tries harder to stay in that state with a probability of 0.848, while hidden states 2 and 3 both may transit to each other with a fairly large probability. The matrix  shows that hidden state 1 is able to generate data in every cluster  and , but most likely data in cluster 2, with a value of 0.464. Similarly, for hidden states 2 and 3, the most probable observation is observation in cluster 1, with a probability of 0.741 and 0.879. The initial probability matrix  shows a value of 0.9 in the hidden state 2, which indicates that the model will most likely start with hidden data state 2 if generated based on the model that has been obtained. 

Using the Viterbi algorithm, we can predict the state that generates every data. The hidden state sequence that generates the data can be seen in Figure 3.

 [image: ]Hidden state 1
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Figure 3. Visualization of the hidden state sequence of a discrete HMM with 3 states and 3 clusters

[bookmark: _Hlk203246309]In Figure 3, hidden state 1 is visualized in red, hidden state 2 in blue, and hidden state 3 in green. According to Panggabean (2010) and Kijkarncharoensin (2025), stock returns may be classified into three market conditions: bearish, when returns exhibit negative rates and high volatility; bullish, when returns demonstrate positive rates alongside moderate volatility; and sideways, in which returns are neither consistently positive nor consistently negative. Hidden state 1 tends to generate substantial fluctuations in the data and is therefore classified as a bearish state. Hidden state 2 produces moderate fluctuations and is interpreted as a bullish state. Meanwhile, Hidden state 3 generates relatively stationary data and is thus identified as a sideways state. Referring to matrix B, the bearish condition tends to be associated with data in cluster 2, while bullish and sideways conditions are more likely to correspond with data in cluster 1. 

Using the discrete HMM, we generate 50000 random discrete data sets. Since our model is discrete, we choose the mean cluster to represent the cluster (. The best MAE value obtained from the simulation results on the training data was 0.03188, which means 7.97% of the length of the original data range. Figure 4 is a visualization of the simulation data against the original data on discrete HMM.
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Figure 4. Visualization of discrete HMM training data simulation with MAE 0.022

Based on Figure 4, although the discrete HMM provides a small MAE value, it visually provides a less accurate picture. The up and down movements of the simulated data do not look like the original data. This is because the model built does not match the characteristics of the data. Stock return data is continuous, while the projection data is obtained from a discrete model. Therefore, this discrete model needs to be modified according to the characteristics of continuous data so that a model can improve the accuracy of predictions from the data.

3.3 Modifying Parameters of Discrete HMM 

In this section we will do some modification to the parameter of the discrete HMM. The parameter  with
for  and  will be replaced by a parameter , with  is the joint density function of for Using the new parameter , with  and  are the same parameter obtained in HMM discrete modeling, we have the joint density function of observations  as follow

From the Viterbi Algorithm, data generated by each hidden state can be obtained. The parameter  for each state can be estimated using the maximum likelihood estimation (MLE) method. In this modeling, two continuous distributions will be compared, i.e., the normal distribution and the logistic distribution. 

Next, construct two modified HMMs, firstly, the continuous HMM with each state data normally distributed  with
 ;  ;   
and secondly, the continuous HMM with each state data logistic distributed   with
 ;  ;    .
Table 3 shows the summary of distributions and their parameters for each hidden state.

Table 3. Continuous distribution parameters of each hidden state
	Hidden State
	Normal Distribution
	Logistics Distribution

	
	
	

	
	
	

	
	
	



The return price data of PT Kimia Farma Tbk, which has been modeled with each modified HMM parameter, will be simulated by generating random data as in a discrete HMM. The decision on which parameter to choose depends on the five smallest MAE values in the simulation of the random data generator of 50000 data sets. Table 4 shows the five best MAE values from the simulation of 50000 data sets.

Table 4. 	Best MAE values from simulations of 50000 random data sets
	Normal Distribution
	Logistics Distribution

	Random seed
	MAE
	MAE Percentage 
	Random seed
	MAE
	MAE Percentage 

	540
	0.03237
	8.09258
	338
	0.03016
	7.54108

	4922
	0.03239
	8.09825
	4616
	0.03007
	7.51820

	9558
	0.03193
	7.98233
	8382
	0.02997
	7.49123

	11,005
	0.03178
	7.94425
	12267
	0.02982
	7.45448

	37071
	0.03201
	8.00235
	30583
	0.03002
	7.50545



Based on Table 4, HMM modified using a logistic distribution tends to have a smaller MAE value compared to HMM modified using a normal distribution. From 50000 data sets, the smallest MAE value for HMM was obtained by the 12267th of the random data sets. The magnitude of this MAE value is 0.029818, which means 7.45% of the original data range. Visualization of the simulation data with an MAE value of 0.029818 can be seen in Figure 5.

[image: ]
Figure 5. Visualization of HMM training data simulation modified with MAE 0.029818.

Figure 5 shows that the simulation data (yellow) provides a movement that matches the movement of the original data (blue). The MAE value is also approximately 10% of the original data range. This means that the modified HMM modeling using the parameter  can model the training data well and accurately.

The data that has been simulated on the training model, that is, data generated using random seed 12267, is then continued with the testing model. The simulation results show an MAE value of 0.0338527. Visualization of the testing data simulation can be seen in Figure 6.
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Figure 6. Visualization of modified HMM test data simulation with MAE 0.0338527.

Based on Figure 6, the simulation data has a similar movement to the test data. In addition, the MAE value is comparable to 8.46% of the original data range, which means less than 10%. Although there is still an error in Figure 6, it can be concluded that the model can predict well and accurately.

4. Conclusion

The daily return data of PT Kimia Farma Tbk can be effectively modeled using a modified discrete Hidden Markov Model, i.e., continuous HMM, yielding an MAE of <10% of the return range. The resulting simulation demonstrates movement patterns closely aligned with the original data, thereby validating the model's accuracy. Moreover, the inferred sequence of hidden states reveals a predominant bearish condition throughout the return data, succeeded by transitions into bullish and sideways conditions, illustrating underlying market dynamics that are not directly observable through direct return values.
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