Review Form 3

	

	Journal Name:
	Asian Research Journal of Mathematics 

	Manuscript Number:
	Ms_ARJOM_134271

	Title of the Manuscript: 
	Th Artin,s cokernel of The Group Q2l×C7 Where l≠ 2and l is prime number

	Type of the Article
	


	PART  1: Comments



	
	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript contributes to the ongoing research in algebraic structures, particularly in the study of Artin's cokernel and the cyclic decomposition of finite groups. The results provide deeper insights into the structural properties of Q_{2l}\times C_7, which has implications for representation theory and computational algebra. By exploring matrix transformations and invariant factor decomposition, the study enhances the understanding of group theory applications in mathematical and theoretical research. The findings may also serve as a foundation for further studies related to character theory and modular representations in abstract algebra.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	The title "Artin’s Cokernel of The Group Q_{2l}×C_7" is informative, but it could be refined to improve clarity and impact. A possible alternative might be: "Structural Analysis of Artin’s Cokernel for the Group Q_{2l} \times C_7 ".
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The abstract provides a general overview of the research topic, but it could benefit from additional clarity and specificity. Here are a few suggestions for improvement:

Clear Objective Statement: The abstract should explicitly state the main research question or goal of the study. Right now, it introduces the topic but does not clearly define what problem is being solved.

Key Findings: The abstract mentions the "circular partition of the fractional Abelian group," but it would be helpful to briefly summarize the main result in a more interpretable way.

Mathematical Framework: Since the paper focuses on Artin cokernels, cyclic decomposition, and matrix representations, a brief mention of the mathematical techniques used would strengthen the abstract.

Impact of the Study: Adding one or two sentences about why these results are meaningful in the broader context of group theory and representation theory would increase its effectiveness.

Language Refinements: Some grammatical improvements could enhance readability, e.g., "In this research, we found the circular partition…" → "In this study, we determine the cyclic decomposition…"
	

	Is the manuscript scientifically, correct? Please write here.
	The manuscript is scientifically sound and presents a rigorous mathematical approach to the study of Artin's cokernel and cyclic decomposition of the group 𝑄_{2l}\times 𝐶_7. The algebraic structures and matrix transformations follow established mathematical principles, and the proofs appear to be logically structured and coherent. Overall, the manuscript contributes valuable insights to the field of representation theory and algebraic group structures.
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	The references provided in the manuscript cover a solid foundation of research related to Artin's cokernel, representation theory, and cyclic decomposition.
	

	Is the language/English quality of the article suitable for scholarly communications?


	The language of the article is generally suitable for scholarly communication, but it could benefit from some refinement to improve readability and precision. While the mathematical terminology is correctly used, the sentence structure in several places could be more fluid and natural for academic writing. 

Certain phrases could be reworded for better clarity. For example, "In this research, we found..." might be more smoothly phrased as "In this study, we determine..."

Academic tone: Some sections, particularly in the introduction and abstract, might be strengthened by more concise and formally structured wording.

Revised Sentences for Improved Clarity and Grammar:

Original: "In this research, we found the circular partition of the fractional Abelian group..." Revised: "In this study, we determine the cyclic decomposition of the fractional Abelian group..." → Improves fluidity and clearly defines the study’s objective.

Original: "Representation theory is a branch of mathematics that studies abstract algebraic structures by representing their elements as linear transformations of vector spaces, and studying modularity over these abstract algebraic structures." Revised: "Representation theory is a branch of mathematics that explores abstract algebraic structures by representing their elements as linear transformations of vector spaces and analyzing modularity within these structures." → Enhances coherence and eliminates redundancy.

Original: "Let A be matrix with entries in a principal ideal domain R." Revised: "Let A be a matrix with entries in a principal ideal domain RR." → Corrects grammatical errors.

Original: "The Artin characters table of G denoted by Ar(G)it is a table in which the third row is the size of the centralized..." Revised: "The Artin character table of GG, denoted by Ar(G)\text{Ar}(G), is a table where the third row represents the size of the centralizer..." → Adds commas and refines sentence structure.

Original: "By Theorem (3.4), there exist two matrices B(G) and C(G) with determinant 1 such that..." Revised: "According to Theorem (3.4), there exist two matrices B(G)B(G) and C(G)C(G) with determinant equal to 1, such that..." → Improves readability and precision.

Original: "This process yields a new basis for T(G) and ,{v , v , … ,v } and {u , u , … ,u } respectively, with the property v = d u ." Revised: "This process yields a new basis for T(G)T(G), namely {v1,v2,…,vn}\{v_1, v_2, \dots, v_n\} and {u1,u2,…,un}\{u_1, u_2, \dots, u_n\}, where vi=duiv_i = d u_i for each ii." → Improves structure and clarity.


	

	Optional/General comments


	Overall, this manuscript provides a valuable contribution to the study of Artin's cokernel and the cyclic decomposition of algebraic structures. The mathematical framework is well-established, and the use of matrix transformations effectively illustrates key results. With minor revisions, this paper has the potential to be an impactful addition to research in representation theory and abstract algebra.
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	Are there ethical issues in this manuscript? 
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