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	PART  1: Comments



	
	Reviewer’s comment

Artificial Intelligence (AI) generated or assisted review comments are strictly prohibited during peer review.

	Author’s Feedback (Please correct the manuscript and highlight that part in the manuscript. It is mandatory that authors should write his/her feedback here)

	Please write a few sentences regarding the importance of this manuscript for the scientific community. A minimum of 3-4 sentences may be required for this part.


	This manuscript presents a significant theoretical advancement in the study of graph width parameters by introducing a novel framework that unifies Loose Tangles, Filters, and Brambles through sub modular partition functions. By establishing crypto morphic relationships among these structures, it provides a deeper understanding of the duality between decomposition trees and obstructions, which is foundational in graph theory and combinatorics. The results contribute to the broader exploration of algorithmic graph analysis, with potential applications in network theory, optimization, and complexity theory. This work lays the groundwork for future research in both pure mathematics and applied domains that utilize structural graph decompositions.
	

	Is the title of the article suitable?

(If not please suggest an alternative title)


	“Filters and Tangles in Submodular Partition Functions and Graph Width”
It keeps the key concepts, is easier to read, and still reflects the main focus of the paper.
	

	Is the abstract of the article comprehensive? Do you suggest the addition (or deletion) of some points in this section? Please write your suggestions here.


	The current abstract is conceptually solid and introduces the key terms: Loose Tangle, Bramble, Filter, and submodular partition function, but it could be improved in terms of clarity, structure, and impact.
1. It dives straight into specialized terms like “connectivity system (X, f)” and “Ultrafilter” without context.

2. The term “submodular partition function” is repeated multiple times in similar ways.
3. It mentions what the paper explores but doesn’t clearly say what was proven or what’s new.
	

	Is the manuscript scientifically, correct? Please write here.
	Yes, the manuscript appears to be scientifically correct and is grounded in well-established concepts from graph theory, set theory, and submodular optimization. It accurately builds upon foundational work—particularly referencing core sources such as Amini et al. [21], Škoda [22], and Robertson and Seymour [32]—and introduces logically consistent new definitions
	

	Are the references sufficient and recent? If you have suggestions of additional references, please mention them in the review form.
	Yes, the references in the manuscript are both sufficient and reasonably up to date.
	

	Is the language/English quality of the article suitable for scholarly communications?


	  Acceptable for scholarly work, especially in mathematics and theoretical computer science.
  Recommended: minor to moderate editing for grammar and style to enhance flow and clarity.
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	Are there ethical issues in this manuscript? 


	(If yes, Kindly please write down the ethical issues here in details)
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